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In this work, I discuss neutron stars with hyperons and antikaon condensate. To fix their coupling
constants with the vector mesons of the quantum hadrodynamics, I use a unified scheme imposing that the
Yukawa coupling is an invariant under SU(3) and SU(6) groups. Combining with the G-parity, I show that
some expected results of the kaon and antikaon interaction with the nucleus are reobtained. In the same
sense, the naive quark-isospin counting rule is restored in the SU(6) limit. Furthermore, the G-parity
combined with the SU(3) gives us a clear picture of the role played by each meson in the kaon
condensation. Numerical results show that the presence of antikaons severely compromises the stiffening of
the equation of state by breaking the SU(6) symmetry.
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I. INTRODUCTION

Proposed even before the existence of the neutron by
Lev. Landau [1], neutron stars are exotic objects, where all
physical quantities, such as density, gravity, and magnetic
field, can reach values far greater than we can obtain in
terrestrial laboratories.
Due to the high densities reached in neutron stars’

interiors, their internal composition is still a mystery. The
possibility of hyperons [2–6], Δ’s resonances [7–9], kaon
condensate [10–14], and even deconfined quark-gluon
plasma [15] in the neutron stars’ core were already studied
in the literature. The biggest problem when new degrees of
freedom are introduced is that our knowledge about their
interaction with nuclear matter is very low. In the case of
hyperons, the potential depths are known with satisfactory
accuracy. But yet, different parameters can produce the same
potential depth, making the result strongly model-dependent.
In the case of kaons andΔ’s resonances, the situation is even
worse, once the uncertainties about the true value of their
potential depths are large.
One way to overcome such difficulties is via symmetry

group arguments by imposing that the Yukawa Lagrangian
[16] is an invariant under SU(3) flavor symmetry. This
technique was successfully used in the past to fix the vector
meson coupling constant with the baryon octet [3–6] and

the baryon decuplet [9]. With this approach, all baryon-
vector meson coupling constants can be determined in
terms of three free parameters z, θV , and αV [17].
In this work, I use the same technique to fix the coupling

constants of the vector mesons with the pseudoscalar octet.
Unlike the baryon octet, where each member is a different
baryon, there are particles and antiparticles in the pseudo-
scalar octet. Due to this fact, I can use the G-parity to help
constrain the free parameters related to the SU(3) flavor
symmetry.1 I show that combining SU(3) symmetry with
G-parity, some experimental results (as the kaons feel a
repulsive potential while antikaons feel an attractive one)
are recovered. Moreover, the naive quark-isospin counting
rule is also restored in the SU(6) limit.
The paper is organized as follows: in Sec. II, I present the

formalism of quantum hadrodynamics (QHD) for baryons
and mesons in the mean-field approximation (MFA),
calculating their energy eigenvalues, energy densities,
and the mesonic expectation values. In Sec. III, I present
the coupling constants calculated within the SU(3) formal-
ism for the baryon octet, while in Sec. IV the I present the
results for the pseudoscalar meson octet. I also apply the
G-parity to remove all the free parameters of the SU(3)
formalism. The numerical results are presented in Sec. V.

II. FORMALISM

I start with a modified version of the QHD Lagrangian
[19], with the σωρϕ mesons as well as nonlinear terms. It
reads [4,9,20]
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1A good discussion about the concept and applications of the
G-parity is given in Sec. 5.6 of Ref. [18].
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in natural units. The ψB are the Dirac field of the baryon B of
massMB. The sum inB can run only for the nucleons or over
the entire baryon octet. The g’s are the coupling constants
between the baryons and mesons. The i ¼ σ;ω; ρ;ϕ are the
mesonic field with massmi, and τ are the Pauli matrices. The
antisymmetric mesonic field strength tensors are given by
their usual expressions [21]. TheΛωρ determines the strength
of the coupling between theω and ρmesons as introduced in
Ref. [22]. Finally, UðσÞ is the nonlinear term introduced in
Ref. [23] to correct the incompressibility

UðσÞ ¼ κMNðgNNσσÞ3
3

þ λðgNNσσÞ4
4

: ð2Þ

Applying the Euler-Lagrange equation and solving the
Dirac equation, the energy eigenvalue is obtained. In MFA,
we have

EB ¼
ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi
M�2

B þ k2
q

þ gBBωω0 þ gBBϕϕ0 þ
τ3
2
gBBρρ0; ð3Þ

where M�
B ¼ MB − gBBσσ0 is the effective mass of the

baryon B. At T ¼ 0 K, the energy eigenvalue is also the
chemical potential of the baryon B, μB.
Another important quantity is the potential depth of the

baryon B, defined at the saturation density [24]

UBðn0Þ ¼ gBBωω0 − gBBσσ0: ð4Þ

As neutron stars are stable macroscopic objects, we need
to describe a neutral, chemically stable matter, and hence,
leptons are added as free Fermi gases. The energy density
for baryons and leptons is given as
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where Λv ¼ Λωρg2NNωg
2
NNρ. Furthermore, the sum in B runs

over the baryons and the sum in l over the leptons.

The Lagrangian for the members of the pseudoscalar-
meson octet is [10–14]

LM ¼ D�
μM̄DμM −m�

MM̄M; ð6Þ

where M is the mesonic field, Dμ ¼ ∂μ þ igMMωωμ þ
i
2
gMMρτ⃗ · ρ⃗μ þ igMMϕϕμ the covariant derivative, and

m�
M ¼ mM − gMMσσ is the effective mass of the meson

M. By applying the Euler-Lagrange equations, the energy
eigenvalue, also known as the dispersion relation [11], is
obtained. In MFA, for the S-wave condensate (zero
momentum), we have

ωM ¼ m�
M þ gMMωω0 þ

τ3
2
gMMρρ0 þ gMMϕϕ0: ð7Þ

In the same sense, the potential depth of the meson M at
the saturation density is

UMðn0Þ ¼ gMMωω0 − gMMσσ0: ð8Þ

The expected values of the virtual mesonic fields in MFA
are given by

m2
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where nSB; nB, and nM are, respectively, the scalar density,
the number density, and the meson density, given by [10]

nSB ¼ 1

π

Z
kfB

0

M�
Bffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi

M�2
B þ k2

p k2dk; ð13Þ

nB ¼ k2fB
3π2

; ð14Þ

nM ¼ 2m�
MM̄M: ð15Þ

The mesonic energy density is

ϵM ¼
X

M

m�
MnM; ð16Þ

The total energy density is the sum of the baryonic,
leptonic, and mesonic energy densities. The pressure is
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obtained via thermodynamic relations: p ¼ P
f μfnf − ϵT ,

where the sum runs over all the fermions.
Now, considering a chemically stable matter with zero

net charge, composed of nucleons, hyperons, leptons, and
antikaon condensate, we have

μB ¼ μn − qBμe; μe ¼ μμ ¼ μK− ¼ ωK− ;

ωK̄0 ¼ 0;
X

B

qBnB −
X

l

nl − nk− ¼ 0; ð17Þ

where qB ¼ �1 is the electric charge of the baryon B in
terms of the proton charge.

III. SU(3) AND SU(6) SYMMETRY GROUPS FOR
THE HYPERONS-VECTOR MESONS

COUPLING CONSTANTS

I assume that the Yukawa Lagrangian of the QHD is
invariant under the SU(3) flavor symmetry

LYUK ¼ −gðψ̄BψBÞM; ð18Þ

in other words, Eq. (18) is a unitary singlet.
Therefore, the coupling constants for different baryons

and mesons are not independent of each other. The
calculation of different coupling constants involves the
calculation of the SU(3) Clebsch-Gordan (CG) coefficients.
The baryon octet is divided into a nucleon doublet,
N ¼ fp; ng, a Σ triplet Σ ¼ fΣ−;Σ0;Σþg, a Λ singlet,
Λ ¼ fΛ0g, and a Ξ doublet, Ξ ¼ fΞ−;Ξ0g. Their repre-
sentation in the hypercharge (Y) isospin projection I3
scheme is presented below.

The techniques to calculate the CG for the baryon octet
and the members of the vector meson octet are well known
and are presented in detail in Ref. [25]. The use of the
SU(3) CG coefficients to describe hyperonic neutron stars
is also well-known in the literature. It is detailed in the

Appendix of Ref. [9] and in Ref. [6]

gNNρ ¼ g8; ð19Þ

gΣΣρ ¼ 2g8αV; ð20Þ

gΞΞρ ¼ −g8ð1 − 2αVÞ; ð21Þ

gΛΛρ ¼ 0; ð22Þ

gΣΛρ ¼
2

3

ffiffiffi
3

p
g8ð1 − αVÞ; ð23Þ

gNNω ¼ g1 cos θV þ g8 sin θV
1

3

ffiffiffi
3

p
ð4αV − 1Þ; ð24Þ

gΛΛω ¼ g1 cos θV − g8 sin θV
2

3

ffiffiffi
3

p
ð1 − αVÞ; ð25Þ

gΣΣω ¼ g1 cos θV þ g8 sin θV
2

3

ffiffiffi
3

p
ð1 − αVÞ; ð26Þ

gΞΞω ¼ g1 cos θV − g8 sin θV
1

3

ffiffiffi
3

p
ð1þ 2αVÞ: ð27Þ

The results for the ϕ meson is obtained by replacing
sin θV → cos θV and cos θV → − sin θV in the equations
related to the ω meson [17].
The SU(3) symmetry let us with three free parameters,

the θV related to the nature of the ω and ϕ mesons;
z ¼ g8=g1, related to the relative strength of the octet and
the singlet states, and αV ¼ F=ðF þDÞ, related to the
relative strength of the antisymmetric coupling (F) in
relation to the symmetric one (D). Additional discussion
can be found in Refs. [6,9,17,25] and the references therein.
These three free parameters can be fixed by imposing

that the Yukawa Lagrangian is not only invariant under the
SU(3) flavor symmetry, but also the SU(2) spin symmetry,
raising the hybrid SUð6Þ ⊃ SUð3Þ ⊗ SUð2Þ group. In the
SU(6) limit we have

z ¼ 1ffiffiffi
6

p ; θV ¼ 35.264°; αV ¼ 1.00; ð28Þ

which implies ϕ ¼ hss̄i, gNNϕ ¼ 0, and the restoring of the
naive quark-isospin counting rule.
Here, I assume that the SU(3) symmetry is kept but the

more restrictive SU(6) symmetry is partially broken, i.e., z
and θV assume their values in accordance with the SU(6)
symmetry, but αV is left as a free parameter. The relative
strength of the coupling constants of the hyperons in
relation to the nucleon for the vector mesons are

gΣΣρ
gNNρ

¼ 2αV ;
gΞΞρ
gNNρ

¼ ð2αV − 1Þ;
gΛΛρ
gNNρ

¼ 0.0;
gΣΛρ
gNNρ

¼ 2

3

ffiffiffi
3

p
ð1 − αVÞ; ð29Þ
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gΣΣω
gNNω

¼ 8 − 2αV
5þ 4αV

;
gΞΞω
gNNω

¼ 5 − 2αV
5þ 4αV

;

gΛΛω
gNNω

¼ 4þ 2αV
5þ 4αV

; ð30Þ

gΣΣϕ
gNNω

¼ −
ffiffiffi
2

p �
8 − 2αV
5þ 4αV

�
;

gΞΞϕ
gNNω

¼ −
ffiffiffi
2

p �
8 − 2αV
5þ 4αV

�
;

gΛΛϕ
gNNω

¼ −
ffiffiffi
2

p �
8 − 2αV
5þ 4αV

�
;

gNNϕ

gNNω
¼ 0.0; ð31Þ

IV. SU(3) AND SU(6) SYMMETRY GROUPS
FOR THE PSEUDOSCALAR-VECTOR

MESON COUPLINGS

Analogous to the baryon octet, I assume that the Yukawa
Lagrangian of theQHD for themembers of the pseudoscalar
octet is also invariant under the SU(3) flavor symmetry

LYUK ¼ −gðM̄PSMPSÞMV; ð32Þ

where the subscripts PS and V point to whether the mesons
are members of the pseudoscalar or vector octets.
The members of the pseudoscalar octet are analogous to

the baryon octet, and can be divided into a kaon doublet,
K ¼ fK0; Kþg, a π triplet π ¼ fπ−; π0; πþg, a η singlet,
η ¼ fη8g, and a antikaon doublet, K̄ ¼ fK−; K̄0g. Their
representation in the hypercharge (Y) isospin projection I3
scheme is exactly the same as the baryon octet, as can be
seen below.

As the quantum numbers of the baryon octet are the same
as the pseudoscalar octet, their CG coefficients are also the
same

gKKρ ¼ g8ðPSÞ; ð33Þ

gK̄ K̄ ρ ¼ −g8ðPSÞð1 − 2αVðPSÞÞ; ð34Þ

gππρ ¼ 2g8ðPSÞαVðPSÞ; ð35Þ

gηηρ ¼ 0; ð36Þ

gKKω ¼ g1ðPSÞ cos θV

þ g8ðPSÞ sin θV
1

3

ffiffiffi
3

p
ð4αVðPSÞ − 1Þ; ð37Þ

gK̄ K̄ ω ¼ g1ðPSÞ cos θV

− g8ðPSÞ sin θV
1

3

ffiffiffi
3

p
ð1þ 2αVðPSÞÞ: ð38Þ

gηηω ¼ g1ðPSÞ cos θV

− g8ðPSÞ sin θV
2

3

ffiffiffi
3

p
ð1 − αVðPSÞÞ; ð39Þ

gππω ¼ g1ðPSÞ cos θV

þ g8ðPSÞ sin θV
2

3

ffiffiffi
3

p
ð1 − αVðPSÞÞ; ð40Þ

and again, the results for the ϕ meson is obtained by
replacing sin θV → cos θV and cos θV → − sin θV . The sub-
script ðPSÞ is used to indicate that these results are related to
the pseudoscalar octet instead of the baryonic one. Moreover,
as the mixing angle θV is related solely to the nature of the
ϕ and ω meson, once more we have θV ¼ 35.264°.
Now, the main difference between the two octets is that

while in the baryonic octet each member is a different
baryon, in the pseudoscalar mesonic octet, we have particles
and antiparticles. Therefore, we can use the G-parity [18] to
help us fix the three free parameters.
The G-parity gives the interaction of an antiparticle with

a determined meson as a function of the interaction of the
particle with the same meson. For a mesonic field M,
we have

GjMi ¼ �jMi: ð41Þ

First, the ρ meson has a positive G-parity [18], which
implies

gK̄ K̄ ρ ¼ gKKρ: ð42Þ

Comparing Eqs. (33) and (34), we see that it can only be
solved by imposing αVðPSÞ ¼ 1.00.
On the other hand, the ω and ϕ mesons have a negative

G-parity, implying

gK̄ K̄ ω ¼ −gKKω; gK̄ K̄ ϕ ¼ −gKKϕ: ð43Þ

With αVðPSÞ already set to one, by comparing Eqs. (37)
and (38), it can be seen that Eq. (43) results in g1ðPSÞ ¼ 0,
or z−1ðPSÞ ¼ 0; which also implies gππω ¼ gηηω ¼ 0.
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Another desirable result obtained with this approach
is gππϕ ¼ 0.
With those definitions, the strength of the kaon inter-

action concerning the nucleonic one is

gKKω
gNNω

¼ g8ðPSÞ
g8

�
3

5þ 4αV

�
;

gKKρ
gNNρ

¼ g8ðPSÞ
g8

: ð44Þ

Now, in the SU(6) limit (αV → 1.00), the naive quark-
isospin counting rule is restored for the members of the
baryon octet. Assuming this is also true for the members of
the pseudoscalar meson octet implies

g8ðPSÞ
g8

¼ 1.00: ð45Þ

Consequently, the coupling of (anti)kaons, as well as the
coupling of the hyperons with the vector meson octet,
depends on a single parameter, αV

gKKω
gNNω

¼ 3

5þ 4αV
;

gKKρ
gNNρ

¼ 1;
gKKϕ
gKKω

¼
ffiffiffi
2

p
: ð46Þ

As antikaons can potentially condense in neutron stars’
interiors, it is worth discussing the role of each meson in
both antikaon-antikaon interaction and antikaon-nucleon
interaction.

(i) ω meson: ω meson is a repulsive channel in
antikaon-antikaon interaction. However, as gK̄ K̄ ω
is negative, while gNNω is positive, this means that
the antikaon-nucleon interaction is attractive (analo-
gous to the role played by the ρ meson in p-p; n-n
and p-n interactions). In the same sense, as gKKω is
also positive, the kaon-nucleon interaction is repul-
sive, a result experimentally confirmed [26].

(ii) ρ meson: ρ meson is a repulsive channel. The
coupling constant is positive for kaons, antikaons,
and nucleons. However, τ3 reads þ1 to protons,
Kþ and K̄0; and reads −1 to neutrons, K0 and K−.

(iii) ϕ meson: ϕ meson is a repulsive channel between
antikaons. It does not couple to the nucleons and has
a negative coupling to the hyperons. This means that
the ϕ meson is also repulsive in antikaon-hyperon
interaction, while kaon-hyperon interaction is at-
tractive in this channel. A desirable result, as both
hyperons and antikaons have an s quark, while
kaons have an s̄ one.

(iv) σ meson: with a positive G-parity, the scalar σ meson
is always an attractive channel.

The use of G-parity gives us a clear picture of the role of
each meson, reproducing the negative sign usually found in
the antikaon potential depth [Eq. (8)] and dispersion
relation Eq. (7) [10,11], but in a more organic way.
It is worth to pointing out that the SU(3) and SU(6)

symmetry are ultimately broken due to the large s-quark

mass. However, the effects are very small due to the
Ademollo-Gatto theorem [27] that prevents first-order
symmetry-breaking effects for the vector coupling con-
stants g0s. Indeed, an explicit calculation about the sym-
metry breaking effects was done in Ref. [28], where the
author shows that these effects are lower than 0.2%.
Now, to describe the nucleon-nucleon interaction, I use

the eL3ωρ parametrization of the QHD [9]. This para-
metrization virtually satisfies all constraints at the saturation
point for the symmetric nuclear matter [29–31], as well as
constraints related to neutron stars’ observations [32–34].

TABLE I. The eL3ωρ [9] parametrization (top) and its pre-
dictions for nuclear matter (bottom). The phenomenological
constraints are taken from Refs. [29–31].

eL3ωρ

ðgNNσ=msÞ2 12.108 fm2

ðgNNω=mvÞ2 7.132 fm2

ðgNNρ=mρÞ2 5.85 fm2

κ 0.004138
λ −0.00390
Λωρ 0.0283

Quantity Constraint This model

n0 (fm−3) 0.148–0.170 0.156
M�=M 0.60–0.80 0.69
K (MeV) 220–260 256
S0 (MeV) 31.2–35.0 32.1
L (MeV) 38–67 66
B=A (MeV) 15.8–16.5 16.2

TABLE II. Coupling constants of hyperons and antikaons for
different values of αV . The kaon potential depth is also presented.

αV ¼ SU(6) 0.75 0.50 0.25

gΛΛω=gNNω 0.667 0.687 0.714 0.750
gΣΣω=gNNω 0.667 0.812 1.00 1.25
gΞΞω=gNNω 0.333 0.437 0.571 0.750
gΛΛϕ=gNNω −0.471 −0.619 −0.808 −1.06
gΣΣϕ=gNNω −0.471 −0.441 −0.404 −0.354
gΞΞϕ=gNNω −0.943 −0.972 −1.01 −1.06
gΛΛρ=gNNρ 0.0 0.0 0.0 0.0
gΣΣρ=gNNρ 2.0 1.5 1.0 0.5
gΞΞρ=gNNρ 1.0 0.5 0.0 −0.5
gΣΛρ=gNNρ 0.00 0.288 0.577 0.866
gK̄ K̄ ω=gNNω −0.333 −0.375 −0.429 −0.50
gK̄ K̄ ϕ=gNNω −0.471 −0.530 −0.607 −0.707
gK̄ K̄ ρ=gNNρ 1.0 1.0 1.0 1.0
gΛΛσ=gNNσ 0.610 0.625 0.646 0.674
gΣΣσ=gNNσ 0.406 0.518 0.663 0.855
gΞΞσ=gNNσ 0.269 0.350 0.453 0.590
gK̄ K̄ σ=gNNσ 0.234 0.201 0.160 0.105

UKðn0Þ (MeV) þ6 þ25 þ48 þ80
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The parameters of the model, the predicted values of six
physical quantities at the saturation density, and the phe-
nomenological constraints are presented in Table I.
The interaction of the hyperons and antikaons with the

scalar meson is fixed in such a way that it reproduces their
potential depths. For the hyperons [24,35]:UΛ ¼ −28 MeV,
UΣ ¼ þ30 MeV, and UΞ ¼ −4 MeV. The antikaons do
not have such a degree of precision. As pointed out in
Ref. [12], different models and calculations yield dif-
ferent values for the potential depth. Acceptable values
lie around −200 MeV < UK̄ < −40 MeV. Here, I use
UK̄ ¼ −140 MeV, a value usually found in the literature.
Thanks to G-parity, I can theoretically predict the kaon
potential depth. The coupling constants and the kaon
potential depth as a function of αV are presented in
Table II. It is also worth pointing out that the couplings
for both kaons and hyperons with the vector mesons are
fully model independent.

V. NUMERICAL RESULTS

I start the analysis by pointing out that as we move away
from SU(6) by reducing the value of αV , the absolute value
of gK̄ K̄ ω increases, indicating a strong nucleon-K̄ attraction
at high densities. However, this also causes an increase in
the repulsive ϕ channel. There is a competition between
these two channels, but as the ϕ meson does not couple to
the nucleons, the EOS will become softer as we reduce αV .
A second point is the potential depth for the kaons at the

saturation density,UKðn0Þ. In the SU(6) limit, this potential
is only weakly repulsive, UK ¼ þ6 MeV, but it becomes
strongly repulsive for αV ¼ 0.25. UK ¼ þ80 MeV. In the
future, measurements of the kaon potential depth can help
us to constrain the values of αV .
In Fig. 1, I present the particle population as a function of

αV for two different approaches: on the left, the matter is
composed of nucleonsþ antikaons, while on the right,
there are nucleonsþ hyperonsþ antikaons. In the first
case, reducing the value of αV causes only a small increase
in the antikaons on the nuclear matter. This can be under-
stood due to two other mesons, the σ and the ϕ. The
reduction of αV leads to a increase on the absolute value of
attractive coupling gK̄ K̄ ω, which reduces the other attractive
channel, gK̄ K̄ σ in order to keep the potential depth UK̄ ¼
−140 MeV constant. Moreover, the reduction of αV also
increases the absolute value of gK̄ K̄ ϕ, which is a repulsive
channel between the antikaons.
The situation is much more interesting in the case of

nucleonsþ hyperonsþ antikaons. The reduction of αV
leads to a simultaneous increase in the absolute value of
gK̄ K̄ ω and gYYω. However, the negative sign of gK̄ K̄ω makes
the antikaons become more and more energetically favor-
able, while the positive sign in gYYω causes hyperons to
become increasingly energetically unfavorable. For in-
stance, in the SU(6) parametrization, the relatively small
values of the coupling constants lead to a significant

reduction of the K− while the K̄0 was totally suppressed.
As we move apart from the SU(6), the absolute values of
the coupling constants increase, and the fraction of the
hyperons is reduced at the same time that the fraction of
K− increases. For αV ¼ 0.50, the K− becomes the first non-
nucleonic degree of freedom to appear in dense matter,
while the K̄0 appears at high densities. For αV ¼ 0.25, there
is a total suppression of the Ξ−, and a strong reduction of
Λ0 hyperons. This reduction is also strongly influenced by
the mixed term gΣΛρ [6]. The reader interested in the effects
of αV matter without kaons is referred to Fig. 1 of Ref. [9].
Now we turn our attention to the equation of state (EOS).

In the top of Fig. 2 I plot the EOSs for nucleonsþ
antikaons on the left and nucleonsþ hyperonsþ
antikaons on the right for different values of αV . For
nucleonsþ antikaons, it was shown that as we move away
from SU(6), we only obtain a small increase in antikaons.
As antikaons do not produce pressure in S-wave conden-
sate, a larger amount of antikaons produces softer EOSs.
The softening of the EOS due to the presence of antikaons
is easily recognized, but the differences due to different
values of αV are small.
Here again, the situation is more interesting when we are

dealing with nucleonsþ hyperonsþ antikaons. It is a well-
known effect that reducing the value of αV stiffens the EOS
for nucleonsþ hyperon matter [3,9]. However, as lowering
the value of αV favors the onset of antikaons, the stiffening
of the EOS is severely compromised.
A microscopic quantity that is very sensitive to the onset

of new degrees of freedom is the adiabatic index, Γ:

Γ ¼ ðpþ ϵÞ
p

�
∂p
∂ϵ

�
: ð47Þ

For multicomponent matter, the adiabatic index exhibits
jumps at densities coincident with density thresholds of
individual components, signaling phase transitions, and/or
changes in the matter constitution [9,36]. The adiabatic
index, Γ, presents information not only on the EOS (p and
ϵ) but also on the speed of sound. The behavior of Γ for
nucleonsþ antikaon (left) and nucleonsþ hyperonsþ
antikaons (right) matter are displayed at the middle of
Fig. 2 for different values of αV .
On the left, we see that the onset of theK− causes a drop in

the adiabatic index around 0.41 fm−3. There is a subsequent
increase followed by a new drop around 0.75 fm−3 due to the
onset of the K̄0. Qualitatively, all the curves present the same
behavior. Quantitatively, as lower values of αV produce a
larger amount of antikaon, the height of the drop due to the
onset of K− is larger for lower values of αV .
On the right side, besides the quantitative, there are also

qualitative differences due to the competition of antikaons
and hyperons. In the SU(6) limit, the antikaons are strongly
suppressed. and the adiabatic index is very close to the one
for nucleonsþ hyperons matter (see Fig. 2 of Ref. [9]).
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FIG. 1. Particle population for different values of αV considering nucleons and antikaons (left) and nucleons, antikaons, and hyperons
(right).
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But, as we reduce the value of αV , the antikaons become more and more populated while at the same time, the fraction of
hyperons is reduced. Therefore, each curve for Γ is unique even in shape. For αV ¼ 0.25, the hyperon suppression is strong
enough that the Γ of nucleonsþ hyperonsþ antikaons is very similar to the Γ of nucleonsþ antikaons.
Now, I discuss the macroscopic features of neutron stars by using the EOSs as an input to solve the TOV equations [37]

dp
dr

¼ −GMðrÞϵðrÞ
r2

�
1þ pðrÞ

ϵðrÞ
��

1þ 4πpðrÞr3
MðrÞ

��
1 −

2GMðrÞ
r

�
−1
;

dM
dr

¼ 4πr2ϵðrÞ: ð48Þ

FIG. 2. EOSs (top), adiabatic index (middle), and TOV solutions (bottom) within different values of αV . Figures on the left represent
nucleonsþ antikaons matter, while figures on the right means nucleonsþ hyperonsþ antikaons.
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The mass-radius relations are presented at the bottom of
Fig. 2 for nucleonsþ antikaons (left) and nucleonsþ
hyperonsþ antikaonsðrightÞ. Altogether, I also display
two observational constraints obtained by the NICER
x-ray telescope [32,33]. Nowadays, maybe the more impor-
tant astrophysical constraint is the PSR J0740þ 6620
pulsar, whose values of mass and radius are M ¼ 2.08�
0.07M⊙ and R ¼ 12.39þ1.30

−0.98 km, respectively. Any realistic
EOSmust be able to fulfill this constraint. Another important
constraint is the radius of the canonical M ¼ 1.4M⊙ star.
Reference [33], suggests R1.4 ¼ 12.45� 0.65 km. This
limits the radius of the canonical star within an uncertainty
of only 5%. Furthermore, to describe the outer and inner
crusts of the neutron stars, we utilized the Baym-Pethick-
Sutherland (BPS) EOS [38] and the Baym-Bethe-Pethick
(BBP) EOS [39], respectively.
As can be seen, for the nucleonsþ antikaons, the pres-

ence of antikaons reduces the maximum mass, although the
results are only weakly dependent on the value of αV . While
for a pure nucleonic star, the maximum mass is 2.30M⊙, for
the SU(6), we have M ¼ 2.17M⊙ and for αV ¼ 0.25,
M ¼ 2.09M⊙. As expected, moving away from the SU(6)
reduces the maximum mass. Furthermore, all values of αV
satisfy the constraint related to the PSR J0740þ 6620
pulsar.
For nucleonsþ hyperonþ antikaons, the situation is

reversed: move away from SU(6) stiffen the EOSs and
produce more massive neutron stars. However, the stiffen-
ing of the EOS is strongly compromised. Without the (anti)
kaons, it was shown in Ref. [9] (see Fig. 4), that moving
from the SU(6) to αV ¼ 0.25 increases the maximum mass
from 1.97M⊙ to 2.20M⊙. However, the maximum mass
here reaches only 2.08M⊙ for αV ¼ 0.25, very close to the
case of nucleonsþ antikaons matter. The constraint related
to the PSR J0740þ 6620 pulsar is only obtained for
αV ¼ 0.75, αV ¼ 0.50 and αV ¼ 0.25.
The lowest neutron star mass that presents a non-

nucleonic degree of freedom lies between 1.43 − 1.48M⊙,
depending on the model. This implies that all 1.4M⊙ stars
present the same radius of 12.82 km and satisfy the
constraint presented in Ref. [33], R1.4 ¼ 12.45� 0.65 km.

Another constraint satisfied by all models is related to the
dimensionless tidal parameter,Λ [40,41]. It was pointed out
in Ref. [34] that for the canonical star, 70 < Λ1.4 < 580. As
can be seen in Fig. 5 of Ref. [9], the eL3ωρ model predicts
Λ1.4 ¼ 516, in agreement with this constraint. The main
results for nucleonicþ antikaons ðNK̄Þ and nucleonsþ
hyperonsþ antikaons ðNYK̄Þ are summarized in Table III.

A. Additional constraints

As pointed out earlier, the eL3ωρ satisfies all nuclear
constraints coming from Refs. [29–31] presented in Table I,
as well as the constraints related to PSR J0740þ 6620
[32,33] and the canonical 1.4M⊙ coming from both, the
radius inferred by the NICER x-ray telescope [33], and the
dimensionless tidal parameter from the LIGO/VIRGO
gravitational wave observatories [34]. Nevertheless, it is
worth discussing more recent additional constraints related
to both, nuclear and astrophysical sources. First, in Ref. [42],
combining chiral effective field theory (CEFT), heavy-ion
collision (HIC) and astrophysical results coming from the
NICERX-ray telescope, the authors constrain the pressure of
beta-stable matter at 1.5n0 and the radius of the canonical
star. The eL3ωρ predicts pð1.5n0Þ ¼ 8.72 MeV=fm3

and R1.4 ¼ 12.82 km. Using CEFT up to 1n0, the
authors constrain pð1.5n0Þ ¼ 9.12þ6.66

−4.36 MeV=fm3 and
R1.4 ¼ 12.56þ1.07

−1.01 km. In this case, the eL3ωρ satisfies
both constraints. However, by using CEFT up to 1.5n0
the authors find pð1.5n0Þ ¼ 6.25þ1.90

−2.26 MeV=fm3 and
R1.4 ¼ 12.01þ0.78

−0.77 km. This implies that the values of
eL3ωρ are above the upper limit by ≈7% in the case
pð1.5n0Þ, and ≈0.3% for the radius of the canonical star.
Therefore, the CEFT predicts EOSs softer than the presented
model of the QHD.
Astronomical observation also provides us with addi-

tional constraints from other pulsars alongside the already
discussed PSR J0740þ 620. An example is the PSR
J0030þ 0451, which inferred mass and radius of
1.34þ0.15

−0.16M⊙ and 12.71þ1.14
−1.19 km, respectively [43]. Such

a constraint is satisfied by the eL3ωρ model. On the other
hand, the PSR J0437–4715 has an inferred mass of 1.418�
0.037M⊙ and a radius of only 11.36þ0.95

−0.63 km [44]. In this
case, the presented model is outside the upper limit by
≈4%. A much more extreme case is the HESS J1731-347.
With a mass of only 0.77M⊙ and a radius lying in the range
10.4þ0.86

−0.78 km [45], not even its true nature is well under-
stood, but some studies point to it being a strange star [46].
Before the conclusions, the attentive reader may wonder

if other hadrons can also play a role in neutron stars’
interior. Pions seem to be the more logical choice, as they
are the lightest of the pseudoscalar mesons. However, since
the early 1980s, we have known that the pion condensate is
strongly suppressed. In Ref. [47], the authors show that
pion self-energy yields a considerable repulsion in the
pionic sector. More modern calculations show that the

TABLE III. Neutron stars’ main properties for different values
of αV . All models predict R1.4 ¼ 12.82 km and Λ1.4 ¼ 516.

αV Mmax ðM⊙Þ nc (fm−3) Rmax (km)

N � � � 2.30 1.04 11.34
NK̄ SU(6) 2.17 0.94 11.21
NYK̄ SU(6) 1.95 1.06 11.08
NK̄ 0.75 2.15 0.97 11.19
NYK̄ 0.75 2.02 1.05 11.06
NK̄ 0.50 2.12 0.99 11.14
NYK̄ 0.50 2.07 1.03 11.04
NK̄ 0.25 2.09 1.02 11.07
NYK̄ 0.25 2.08 1.03 11.06
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repulsive pion potential depth can be as large as
þ100 MeV [48].
A more interesting case is the possible presence of

Δ resonances. Indeed, some studies indicate that a large
amount of Δ0s can be present, causing a strong influence on
neutron stars’macroscopic properties [8,9]. Notwithstanding,
the possible presence of Δ0s in nuclear matter has also faced
some criticism. For instance, in Ref. [7], the authors discuss
whether the Δ0s can be treated as pointlike particles like the
nucleons and hyperons, or whether they are intrinsically large
and complex structures. Using QMC models, Ref. [49] has
shown that Δ particles are never present. As can be seen, the
presence of Δ0s is a rich but complex subject. Such a study is
left for future work.

VI. FINAL REMARKS

In this work, I calculated the coupling constants for both
the baryon octet and the pseudoscalar meson octet with the
members of the vector meson octet in a unified broken
SU(6) symmetry. Within this approach, all coupling con-
stants related to the vector mesons are left as a function of
only one free parameter, αV . The main conclusions are
summarized below.

(i) The members of the baryon octet and the members
of the pseudoscalar meson octet present the same
quantum numbers and therefore have the same CG
coefficients. However, while each member of the
baryon octet is an independent baryon, the pseudo-
scalar baryon octet contains particles and antipar-
ticles. This allows us to use the G-parity to eliminate
the free parameters of the SU(3) group.

(ii) With the combined use of the symmetry group argu-
ments and G-parity, several expected results are
naturally obtained, for instance gK̄ K̄ω ¼ −gKKω,
and gππϕ ¼ 0.

(iii) The use of G-parity naturally produces the correct
sign related to the antikaon potential depth and
dispersion relation. Moreover, it gives us a clear
picture of the role of each meson in the antikaon-
antikaon interaction, as well as in the antikaon
nucleon interaction.

(iv) Different values of αV produce different values of
the kaon potential depth, which can potentially
constrain the values of αV .

(v) For NK̄ matter, the results are only weakly depen-
dent on αV , and the EOS becomes softer as we move
away from the SU(6) symmetry. For NYK̄ matter,
there is a competition between hyperons and anti-
kaons. Moving away from the SU(6) favors the
onset of K̄ while suppressing the hyperons. This can
be explained by a combined effect of a larger value
of an attractive gK̄ K̄ ω, as well as a larger value of the
mixed term gΣΛρ.

(vi) In the presence of antikaons, hyperonic EOSs
become only slightly stiffer as we reduce the value
of αV . The well-known effect of stiffening the EOS
by reducing αV is strongly compromised.
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